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9X[X(joseph) ^ ¬X(m(harriet , joseph)) ^ Sleazy(X)]√
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“Leibniz was right that Descartes was 
right that … :  God exists, necessarily.”
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Gödel’s “God Theorem” (formalized, machine verified)

(1) 8P [Pos(¬P ) $ ¬Pos(P )] premise
(2) 8P1 8P2 {Pos(P1) ^⇤8x [P1(x) ! P2(x)] ! Pos(P2)} premise

) (3) 8P [Pos(P ) ! ⌃9x P (x)] theorem
(4) 8x [G(x) $ 8P [Pos(P ) ! P (x)] definition
(5) Pos(G) premise

) (6) ⌃9x G(x) corollary
(7) 8P [Pos(P ) ! ⇤Pos(P )] premise
(8) 8x8P {Ess(P, x) $ [P (x) ^ 8P 0 (P 0(x) ! ⇤8y(P (y) ! P 0(y))} definition

) (9) 8x [G(x) ! Ess(G, x)] theorem
(10) 8x {NE (x) $ 8P [Ess(P, x) ! ⇤9y P (y)]} definition
(11) Pos(NE ) premise

) (12) ⇤9x G(x) (a.k.a. “Necessarily, God exists.) theorem
<latexit sha1_base64="hUU4PNGXS59ajQJpc4+6CJe8DZI="></latexit>
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A1 ⇥x(0 �= s(x))
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And, every sentence that is the universal closure of an instance of

([�(0) ⇤ ⇥x(�(x) � �(s(x))] � ⇥x�(x))
where �(x) is open w� with variable x, and perhaps others, free.
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New!

8X([X(0) ^ 8x(X(x) ! X(s(x))] ! 8xX(x))Induction Axiom

9X(8xX(x) $ �(x)) where �(x) 2 CComprehension 
Schema
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